Epstein and Horn ([6]) proved that a Post algebra is always a P-algebra and in a P-algebra, prime ideals lie in disjoint maximal chains.
i. INTRODUCTION. Epstein ([S] ) proved that in a Post algebra of order n > 2prlme ideals lle in disjoint maximal chains each with n i elements. He has also proved that if L is a finite distributive lattice and prime ideals of L lle in disjoint maximal chains each with n-I elements, then L is a Post algebra of order n. Epstein and Horn ([6] ) have shown that a Post algebra is always a Palgebra and in a P-algebra prime ideals lie in disjoint maximal chains. It is the main theme of this paper that a P-algebra L is a Post algebra of order n >-2, if the prime ideals of L lle in disjoint maximal chains each with n-i elements.
The main tool used in this paper is the fact that every bounded distributive lattice is isomorphic with the lattice of all global sections of a sheaf of bounded distributive lattices over a Boolean space ([iS] and [9] ). It is well known that a P-algebre is always a (double) Heyting algebra, a (double) L-algebra, a pseudocomplemented lattice, a Stone lattice and a normal lattice.
We characterize these properties of P-algeBras in detail in terms of the stalks of the corresponding sheaf. We give another characterization of Post algebras by regular chain bases. Throughout this paper, by L we mean a (momtrivial) bounded distributive lattice (L, V/k, 0, I) and B B(L) the Boolean algebra of complemented elements of L. For any a B, we denote the complement of a by a'. For any x,yL, we denote the largest zL such that xAz < y (if it exists) by x -+ y and the largest element aB such that xa < y (if it exists) by x y. If, for every x,yE L, x / y (xy) exists, then we say that L is a Heyting algebra (respectively B algebra).
Dually, we define x / y and x y respectively. If in a Heyting algebra (B-algebra), (x / y) V (y / x) i (x y) V (y---x) i) for every x,yL, then we ay that L is an L-algebra , that x has the pseudocomplement and we usually write x for x --O. If x exists for each x L, then we say that L is pseuodcomplemented. ([15] ) (see also [9] ). THEOREM I.i (,,X) described above is a sheaf of bounded distributive lattices in which each stalk has exactly two complemented elements, viz., 0(p) and l(p). Throughout this paper, by a stalk D' p E X, we mean the stalks of the sheaf (,,X) described above at p.
P SEUDOCOMPLEMENTED LATTICES.
It is well known that a bounded distributive lattice is a Heyting algebra if and only if it is relatively pseudocomplemented; i.e., each interval Ix,y], ,p X, is equal to (x y)(p) for I x,y L.
3. NORMAL LATTICES. The proof of the following theorem is analogus to that of the above. [ 9] ). It can be verified, that when L is a Stone lattice, then our sheaf (,,X) coincides with the sheaf constructed in ([ i03 ).
P-ALGEBRAS.
The following results interpret B-algebras in sheaf theoretic terminology. 6. POST ALGEBRAS.
The following definition is slightly different from that of Chang and Horn ( [3] ). DEFINITION 6.1. By a generalized Post algebra, we mean the lattice C (Z,C) of all continuous maps of a Boolean space Z into a discrete bounded chain C where, the operations are pointwise. THEOREM 6.2. The following are equivalent i) L is a generalized Post algebra.
2) There exists a chain C in L such that the natural map c > c(p) C + p is an isomorphism for all p E X.
3) There exists a chain C and, for each p X, an order isomorphism a I) L is a Post algebra of order n.
2) Spec L is the disjoint union of maximal chains each with n-i elements.
3) Each stalk is a chain with n elements.
PROOF. i >2 is proved in ([ 5] ).
Since L is a P-algebra, by theorem 4.4, each stalk p X, a chain. Also, P by theorem 0. (5), Spec L is the disjoint union of the chains Spec p, p X. If Spec L is the disjoint union of all maximal chains C A each with n-I elements, then, for any p X, Spec C for some e A. Hence Spec p e P has n-i elements and therefore has n elements and hence (2)--(3). P Now, suppose each stalk is a chain with n elements and C is the n- It is proved in ([ 15] that a bounded distributive lattice L is a generalized Post algebra if and only if there exists a regular chain base for L. Now, we characterize chain bases and regular chain bases in terms of the stalks. It is also proved in ([ 15] that if C is a chain base for L, C / J defined by (c) c(p) is an eplmorphlsm for the natural map p p' P all p X. We prove the converse in th4 following. C-+ is THEOREM 6.6. Let C be a chain in L and 0 E C. Then p P an epimorphism for each p 6 X, if and only if C is a chain base for L.
PROOF. Suppose
is an epimorphism for each p X and let x E L. P For each p X, there exists c C such that (Cp) x(p) ie., c (p) x(p), P P P so that there exists a E B-p such that c^a x^a. Therefore, there P exists a partition al,a2,...,a of B and Cl,C2,...,c C such that c i^ai= n n n n n x^a _i so that x--x^1 x^V a.
Hence C is a chain base for L.
The following theorem is a straight forward verification. THEOREM 6.7. Let C be a chain in L. Then the following are equivalent.
i) The natural map p: C / p is one for all p X. REMARK. The equivalence of (1) and (4) is established in ([IS]) by using the Boolean extension techniques.
